Hn (x) ~ (12/03C02)log n log log n, n ~ ~, en Hn(x) ~ (12/03C02)log n log log n as n ~ ~ in probability. In this paper we consider the class of all uniformly distributed sequences x, and we show that the only behaviour that is excluded by the equidistribution of x is that of the worst case, i.e., for these x we necessarily have Hn (x) = o(n) as n ~ ~.
Introduction
The starting point for the present work is a paper published in 1981, written by Michel Mend6s France and the first author titled "Uniform distribution modulo one: a geometric viewpoint" ( [3] Figure 1 which displays a part of r((7rk 2)). As noted in [3] the subpatterns of r which appear on the spiral consist of 113 segments, the numerator of one of the continued fraction convergents of x. This has been further explained in [4] and [1] .
The first author has been involved the last few years in the study of trees generated by algorithms (see e.g. [2] Figure 2 .
We shall denote T (x) the tree generated by a sequence x with elements from ~0,1~, and Tn (z) the tree generated by the first n elements xl, ... , xn. Apparently we do not see now the structure imposed by the continued fraction expansion of 7r as in Figure 1 . However, we mill see this structure in (see Figure 5) , and this will be explained in the next section. An important characteristic of a binary search tree is the height Hn(x) of 7~(~c). Here (2) nhn for infinitely many n.
Clearly (1) Figure 6 for the embedding of this tree.
Our goal will be to show that if one takes arbitrary equidistributed sequences x, one can not do better than in (2) Proof. Fix an E &#x3E; 0. By the denseness of (xk), between any two Xn and zm an Xk will appear for some k &#x3E; n, m (and numbers arbitrarily close to 0 and 1 will appear) . Clearly this implies that all levels will be filled out in the end. Now let no be so large that for any xk 
